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41 Suryh hdfk ri wkh iroorzlqj vwdwhphqwv1

+d, +{L|,, +|L{,

+e, ;{> +{L{,

+f, +}L|, a +|L},, +}L{,

Wkhvh frqglwlrqv vd| wkdw L lv dq htxlydohqfh uhodwlrq1

+g, +{U|,a +|S},, +{S},

+h, Li x uhsuhvhqwv wkh suhihuhqfhv U/ wkhq U lv +zhdno|, prqrwrqlf
li dqg rqo| li x lv qrqghfuhdvlqj1 +\rx kdyh wr suryh erwk gluhf0
wlrqv1,

+i, Li x uhsuhvhqwv U dqg ! = U$ U lv vwulfwo| lqfuhdvlqj/ wkhq ! � x

uhsuhvhqwv U1

51 Dvvxph U vdwlv�hv d{lrpv D40D6 dqg ohw [ eh d �qlwh vhw1 Vkrz wkdw

wkh hohphqwv ri [ fdq eh rughuhg vr wkdw wkh rughu fruuhvsrqgv wr wkh

udqnlqj dffruglqj wr U/ wkdw lv/ zh fdq zulwh wkhp
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Klqw= xvh lqgxfwlrq rq Q / wkh qxpehu ri hohphqwv lq [1

H{wud fuhglw= Vkrz wkdw d vlplodu surfhgxuh jlyhv d xwlolw| ixqfwlrq iru

U rq dq| frxqwdeoh vhw [1 Qrwh wkdw wkh udqjh ri wkh xwlolw| ixqfwlrq

pljkw qrw eh d vxevhw ri wkh lqwhjhuv lq wklv fdvh1

61 Frqvlghu d frqvxphu zlwk suhihuhqfhv ryhu wzr jrrgv1 Wkh suhihuhqfhv

duh oh{lfrjudsklf= +{�> {2,U+|�> |2, zkhqhyhu {� A |�> li {� @ |�>

+{�> {2,U+|�> |2, li {2 � |2=

+d, Iru d jlyhq {/ vnhwfk wkh vhw ri exqgohv zhdno| suhihuuhg wr {1

+e, Duh wkh suhihuhqfhv frpsohwhB Uh h{lyhB WudqvlwlyhB Zhdno|
prqrwrqlfB Orfdoo| qrq0vdwldwhgB Duh wkh ehwwhu0wkdq vhwv forvhgB
Suryh |rxu dqvzhuv1

+f, Fdq wkhvh suhihuhqfhv eh uhsuhvhqwhg e| d frqwlqxrxv xwlolw| ixqf0
wlrqB +Vnhwfk d surri ri |rxu dqvzhu,1
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+d, Vkrz wkdw wkh ixqfwlrq x+{, @ �% frqvwuxfwhg lq wkh surri ri wkh

uhsuhvhqwdwlrq wkhruhp lq idfw uhsuhvhqwv wkh suhihuhqfhv U1

+e, Vkrz wkdw li U lv qrw frpsohwh/ uh h{lyh/ dqg wudqvlwlyh/ wkhq
wkhuh lv qr ixqfwlrq x = [ $ U zklfk uhsuhvhqwv U1

81 Vkrz wkdw wkh Vxevwlwxwlrq dqg Dufklphghdq d{lrpv duh qhfhvvdu| iru
dq h{shfwhg xwlolw| uhsuhvhqwdwlrq1

91 Frqvlghu d srsxodwlrq ri +srwhqwldo, wd{sd|huv/ doo ri zkrvh suhihuhqfhv
ryhu zhdowk orwwhulhv vdwlvi| wkh yrq Qhxpdqq0Prujhqvwhuq d{lrpv1
Wkh| doo kdyh wkh vdph yQ0P xwlolw| ixqfwlrq/ x+�,/ zklfk lv vwulfwo|

lqfuhdvlqj dqg frqfdyh1 \rx fdq dovr dvvxph x lv gl�huhqwldeoh dv
pdq| wlphv dv |rx olnh1

Hdfk flwl}hq kdv zhdowk z/ zklfk lv vxemhfw wr wd{dwlrq dw udwh � ? 41
Wkh jryhuphqw uhtxluhv hdfk flwl}hq wr uhsruw khu zhdowk/ exw wkh flwl0
}hqv fdq olh1 Iru vlpsolflw|/ dvvxph wkh| pxvw hlwkhu uhsruw wkhlu wuxh
zhdowk ru }hur1 Vlqfh sd|lqj qr wd{hv lv d jrrg ghdo/ wkh jryhuqphqw
pxvw dxglw vrph ri wkh shrsoh zkr uhsruw }hur1 Dvvxph wkdw zhdowk
lv frqwlqxrxvo| glvwulexwhg dqg wkdw hyhu|rqh kdv vrph zhdowk1

Wkh jryhuqphqw lpsohphqwv wkh iroorzlqj dxglwlqj vfkhph= dq|rqh
zkr uhsruwv }hur lv dxglwhg zlwk suredelolw| s1 Li wkh dxglw ghwhuplqhv
wkh flwl}hq glg lq idfw kdyh srvlwlyh lqfrph +lw dozd|v zloo,/ vkh iruh�wv
doo ri lw wr wkh wd{ froohfwru1

Dvvxph wkdw wkh +xwlolw|, uhwxuq wr wd{ hydvlrq lv lqfuhdvlqj lq zhdowk1
Zulwh d vlpsoh h{suhvvlrq zklfk ghwhuplqhv zklfk flwl}hqv uhsruw wkhlu
wuxh lqfrph dqg zklfk uhsruw }hur1 Xvh wklv h{suhvvlrq wr ghwhulpqh
krz wkh vhw ri shrsoh zkr fkhdw ydulhv zlwk � dqg s1
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